10 oouottdboootdd
BN

00000,00000000000000000000000000
000000.00000,00000000000.00000000
000000.0000000000000,000000000000
00000.0 1.100,00000000000000000. 0 1.2
00,0000000000000000000000000,0000
000000000000, 0 1.300,0000000000000
000000000000.01400,10000000000000
O000. 0 1500,200000000000,0000,0000
0000000. 0 1600,000000000000000000.
01.700,000000000000000000000000, %20
0,¢+00,FO0000000.

1.1 O0O00oooon

gobbobobbouoooooobbobbo. bdgooooon
gobobo.ggoobbboooobobuooooboboooob,
QUD0000000.Q00000'000000. 00000000 Q
0000 g(000000000000O)0000. 00ooDoODoOoO
0000 A0O0OO0O. ADODODOODODOcOOO(ODDOOO)OOOO
gooog.

00 1.1.Q000000000,A0 QOO0OO0O0O0O0O0O0O0. AO0O
g3guggoobod,sggogobobo.

(1) Qe A.
(2) Ac A = A° € A.

3) Ape An=1,2,..) ==, A, € A.

Q0DO0000000,00000000000000000,Q00000000
gbo,gbboobooobooboobooboon.
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000 A°={we QwgA}000.Q0 ADD (2, 4000000
00

00 1.2. (Q, A 00000D00OOC.0O0O0O0O0O0O0OooOooOoO.
(1) o€ A
(2) A, e An=1,2,...)= (), A, € A

Proof. (1) @ =Q° e A.
(2) AS € A0 De Morgan OO0

(e}

Ay = [ (A9)° = (,Q A;)C € A

n=1

D)

Il
—

n

00O000 1.13)0000. O

00 1.3.¢0 QO000000000.C0 00000000000
000.0000,000 o[c) 0

olC) =4 ADC AD cODODO}

ggoo. ggo O'[C]D cO0O0O0O0O0O00O. 000 GO AOUOO oO
ogooogo
olC]C g

O00. 0000 ¢[C)O0 COOO0ODODO(0DO0O00OOO0)DcDODOOO
go. O

OO0 14. Q=R OO0
O={0OcR;,00 ROODO}
00D0.0[0]0 RO BorelDOODOO, BR) 000, OO
C={(—o00, ) CR; z € R}

000.0000CO ©OO0000000000 o[C]=0[0]0002.

00 1.5.QO00000000000,F=2%000.0002%00
oo
goboboogooboboooobboboboboobg. O

25[Clcol0)00000000,000000000000000.
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00 1.6. (0, A) 00000000, ADDOO

Pr: A> A~ Pr(A) €0, 1]
000 200000000, (R, A 00000000000,
(1) Pr(Q2) = 1.

(2) 00000000 A, €A(n=1,2,..)0000

N

Pr(U An) = Z Pr(A,) := A}im Pr(A,).
n=1 n=1 >

n=1

00003000 (2, A PrpO0OO0DOOODO.
00 1.7. (2, A Pr)DO0O0O0OOODO. OODOODOOOODOOO.

(1) Pr(@)=0.
(2) Ac ADDOOO, Pr(4A°) =1—Pr(A4).

(3) NeNOOO. {4,}),cA000000000

() - S

(4) A, Be A, AC B = Pr(B\ A) = Pr(B) — Pr(A).

(5) (Boole 00O /000000000)A, € A(n=1,2,...) 00

0o N N
Pr<nL:Jl An) < ; Pr(4,).

6) A,e AD A, C Ay (n=1,2,...)0000000
lim Pr(A,) :Pr(U An>.
n=1
(7) A, € AD A, > Avu(n=1,2,..)0000000

lim Pr(A,) = Pr(ﬂ An).
n=1

000 QUOOO0O0O0OoOoooag.
‘m#An000,4,NA,=2000000000.

5



202300 000000000000000000 (20230 100 40)

Proof. (1) FL:=Q, F, =2 (n>2)0000 {F,}°, 0000000
000000.00 1.62) 00000

Pr(Q) =P (U ) ZPr r(Q)+§;Pr(@)

n=1

Pr(@) =0

oooo.
2 F=A F,=AF,=¢(n>3)000.000U°,F,=000
(F,}2, 000000000000000,00 1.6(1), (200000

1=Pr(Q) =P (LJ ) }:m )+MAF+§:M

n=1 n=3

— Pr(A) + Pr(A°) (vﬂ»

0o, (20000,
3)F=A;(i=1,2...,N)O F, =& (i
DDDDDDDDDDDU Fo=UN, A
00

N oo o) N 00
Pr(UAi) :Pr(U Fn) = Pr(}'}):z:Pr(Ai)nL Z Pr(@)
i=1 n=1 i=1 i=1 i=N+1
N
=> Pr(4))
i=1
Oo0o0.o000,B3)00000.
(4) B\A=BnA°00O B=(BNAYUAOODO.OOOOOOOOO,

Fi:=BNA°, Fy= AA__@W>$DDDD{Ah1DDDDDD
00000 2,4, =B0O00.00 1.62) 00000

+1) 0000 {F}2,

>n
O00.00 162000

W@ﬂZP(Cﬂi»=§}WR) Pr(B N A°) + Pr(A +§:m

0,4)0000.
(5) Pr(AlLJAg) S PF(A1)+PF(A2> googoo. DD,AIUAQ =

A1U<A2\(A1OA2) 00 Alﬂ<A2\(AmA2)> =g 0000000
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0oo. (3)00

PI’(Al U Ag) = Pr(Al) + PI’(AZ \ (Al N A2>>

= Pr(Al) + PF(AQ) — Pr(A1 N Ag)
(~AD>ANAD000 (40000)
< Pr(Al) + PF(AQ) ( Pr(A1 N AQ) > 0)

(6) F1 = Al, FQZAQ\Al, ---7Fn+1 = An+1\An agoao. {Fn}%ozl O
googoooo

o Up s OO,
i=1 i=1 n=1

000. 000
Pmﬁszjm)zfﬁdm (- 00 1.6(2)

= nh_{gog Pr(F;) = lim Pr(izo1 E) (.- (3)

= lim Pr(A,)

n—oo

0o00.000,(6)0000.
(M A=N",A4,000. 000 {A;\ A5, 0 A1\ Ay C A\ Ay C
A\A, C--- 000,

G@%\mgzCﬁmmApzAﬂ10%AOC:AﬁnrzAAA

n=1 n=1

00O0.(4) 0 (600000
Pr(A,) — Pr(A) =Pr(A;\A) (A, DA000,4)O0000)
= lim Pr(4\ 4,) (-(6)0000)
= lim (Pr(Al) - Pr(An)>

n—oo

= Pr(A4;) — lim Pr(A,)

n—oo

gbooog. O

00 1.8.00 1.7(6)(7) 0000, {Pr(4,)}, 0000000000
0D00000000,0000000000000000.
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00 1.9. (9, A4 P)0000000, 4, BeADDD.
(1) (ODO):

A0 BOOO < Pr(An B) = Pr(A)Pr(B).

(2) (000O000) P(B)>0000,B30000000 ADOOO

gogd
Pr(An B)

Pr(A| B) := ér(B)

gooo.

00 1.10. (1) A4, Be AOD,Pr(B)>0000. A0 BOOOOOO
Pr(A| B) = Pr(A)

0oooo.
(2) Pr(B)>0000

Pr(AN B) = Pr(B)Pr(A| B)

000.00000000000.
(3) Pr(B)>0000,00Pr(-|B): A—[0,1] 000 1.6(1) — (3)
DO000. 0000 (2, A 000000000. O

0 1.1.00 1.10(1)3)00000.

00 1.11. (00000D0) NeNOOO. Ay, Ay, ..., Ay e ADO Q
000000, 0000,0000 m#n000, 4,NA, =2 O,
UV ,4,=00000000.0000000 BeADOOO

N

M&D:M(UQMHE)ZEZMQMHB)

n=1

N N
MwﬁB:Bm@:Bm(UAO:ﬂJmuunm{&mBﬁdDD
n=1 n=1

0000000000000 0,00 16(2)00D000O0O0O. a

00 1.12. (Bayes 000) (1) Ne NODODO. Ay, Ay, ..., Ay, BE A
00, A, Ay, ..., Ay 0 QOO0DO00. j=1,2,....,NOOOO,
Pr(B) >0, Pr(4;)>0000

Pr(A;)Pr(B| A;)
S, Pr(A,)Pr(B| Ay)

Pr(A;| B) =

8
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ooooo.
(2) A,Be ADDO,Pr(A)>0,Pr(B)>0000.0000

Pr(A| B)Pr(B) = Pr(B| A)Pr(A)
goooao.

Proof 00DOO0O0O0ODODO,00 111,00 14(2)0000000. O

0 1.13.00 pobOOooooOo0obO0 +0 —00,0000000
oooo.

Pr(+|D)=0.9, Pr(—|D°)=0.9, Pr(D)=0.01.

Bayes UOUODOOO, 000 +000000 DODOOOLOOOOOOO

_ Pr(+nD) Pr(D)Pr(+| D)
P = =50 = Br(D)Pr(+], D) + Pr(D")Pr(+] D7)
B 0.01 x 0.9 083
T 001x09+(1—-0.01)x{1—09}
1.2 0OO0O0O

goob,g0obbbobobobbbouodgooooooobb. oob,
gbooobbooobbooob,bbuooobbooboboooobob
gbooogobogobou. gbboobbuoobbg,boobbogn
obogoooog.

00 1.14. (, 4) 0 (X, 00000000.00 X:Q— X0O
(2,400 (X, 00000000000

X'B)={weQ: X(w)eB}e A (VBeDB)
0ooooooooo.

00 1.15. (i). d>2(deN)0O0D0. (X, B8)=(RY, BRY)) ODO, X
000000 0o0ooo0.
). d=1000,X 0000000000, O

00 1.16. (X,8) 0000000, X: Q — XO00O0OO0O,c0X
0000O000.veecODOO,{weQ: X(weCleADDO,C
0 BOO00O0OO°00,X000000.

SO0 CcO00000 ¢0ODODO.
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Proof. Be BOO0OO,{weB: X(w)eB}O{XeBODOOOO
000. {B},{B,}>,cBO0000O

[e.e]

{X € GBn}: J{x € By}

n=1

{X e B} = {X € B}

000.00000,000D:={BCcX:{XeB}ecAOosOODO
0O00.000,PccO00,cOBO000O000OO,DcBOOD.
O

00 1.17. (i). (X, 8)=(R,B(R)) 0000,00 1160000 €O
00000, {(-oo, ] : reR} O {(—o00,q]: ¢€Q}0D0O0ODO.
(i). d>2(deN)0DO0O0. (X, B)=(RY, B[R)) 00O00,00 1.16 0
000 cOoOoDoooag

{(a1, b1) x (a2, by) x -+ x (a4, ba) : —00 < a; <b; <oo(i=1,2 ..., d)}
ooo. O
00 1.18. (2, A), (X, B), (Y,€) DODODOOO0OO. X: Q — X0O
f+X—YOOOOOOOO, f(X): Q — YOOOOooooo.

Proof. CeCO0OD0DO
{weQ: f(X(w)eB}={weQ: X(w)e f(C)} A

O00.00000, f000000 fFYC)eBOOOOOOOOOO.
(]

00 1.19.2eNDOO, X1, Xo, ..., X, 0000000, f:RY —R
000000. 0000, f(X, X, ..., X,) 00000000.

Proof 00 1.1800 (X1, X», ..., X,) 00000000000000
O0000. A, A, ..., A, € BR)ODOOO

{(Xl,XQ,...,Xn)EAlXAQX"'XAn}:ﬂ{XZ‘EAi}GA
i=1
O000. 000 {A; x Ay x---xA,: A, e BR)(i=1,2,...,n)} O
BR"ODOODOODOO,00 1.16) 00 (X,8) = (R, B(R)) OO0O,
(X1, X5, ..., X,) 0000000000000000. O
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00 1.20. X1, Xo, ..., X, 00000000, X;+Xo+---+ X, 00
oooooo.

Proof. 00 1.19)00R"0000000 f(z1, 2o, ..., Tp) = 21 + o +
...+2,00000000000000.VreROOODO

{(x1, 22y ..., xp) ER" 2y 420+ + 2, <71}
OR*O0000000O0O
{(x1, xo, ..., xy) ER": &1+ 290+ -+ 1, <1} € BR")
000. {(-c0,7): reR}0BR)D0O00O00D, fO00000. O
oo 1.21. X3, X, UO0O0ooooo, X3 X OOOoooooooooa

Oo0. 000, X,#0000, X;/X, 000000000 00000.
a

00 1.22. X3, Xo, ... 000000000

inf X, supX, limsupX, liminfX,

goobooog.

Proof. re ROODOO

{weq: i%an(w)<r}: G{UJEQS X,(w)<r}eA

n=1

Oinf, X, 00000000 0O0O0ODOOO. 00O
(o)
{weQ:suan(w)<r}:ﬂ{w€Q:Xn(w)<r}
" n=1
00 sup, X, DOOODOOODOOODOODODO. OO

liminf X,, = sup ( ir;f Xm)

n

0Doood. Y, =infe. X, 00 n e NOODOODODOOODOODOO,
sup, Y, 00000000.000

limsup X,, = inf (sup Xm)

n m>n

OO0 limsup, X,, 00O00000O0O0OO0OOO. a

11
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00 1.23. (i). Xy, Xo, ... gobboooobb. 0O 12200
0 1.1900

Qo :={weQ: lim_ X, 000}
Z{w € Q1 : limsup X,, — liminf X,, = O}

n—oo n—oo

00000000, Pr(Q)=1000,00000 {X,}>°, 00000
0000000000, as. 000. RU{+oo} 0000000000
X, 0000

X = lim X, (a.s.)

goooad.

(il). 000 a,beR OO, {—o0} U (=00, a), (a, ), (b, co) U {400} O
00000000 o 0000 BRU{+c0}) D00. 00 DC QO
0000, Ru{teo} OO00OUODODOOD X OOOOODODOO, VB €
B(RU {+o0}) 00O D

X'B)={weQ: X(weB}ecA

gooooooon. O

00 1.24. 00000000
X B)eA (VBeB(R))

OO00O0bOO0o0o0O0obOOobOoo0ooooD.oogobo c2600000. O

00 1.25. (1) 0000 (Q, A PHOO00O0DOO0 X O0OOO
Fx(z) =Pr(X <z):=Pr{w e Q; X(w) <z}) (x € R)

0 X 0000000 (cumulative distribution function( c.d.f.)) 00O .
g

Pv(B) :=Pr(X € B) :=Pr(fw e Q; X(w) € B}) (B € B(R))

O XD0ODO000O0. Px((—oo,2]) =Fx(z) DOO.
2) X,Y O (Q,AP)O00000D,00000 cdf O Fy, Fy O
00.0000

Fy(z) =Fy(z)  (Vz €R)

0000000, X0 YOOOOOODDOOOO. 000 X2y O
0o.
3)X 0O cdf. FOOODODO, X ~FOODO.
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00 1.26. (1) Px 00000 (R, BR) 000000000, 000
0PyOODO 160000000000,
(2) c.df FOOOOOOO

F(z) = P((—o0, z]) (x € R)

0000 (R, BR)) 000000 POOOOOOOOOOOOOOO
00. 00000000 €2900000. 0000000 X O cdf.
000000000.000 X ~FO0,cdf. FOOOOOOOOO
0DPOOOOD,X ~POOOO.

3)X0yYyOoOooooooo

Px(B) =Py(B) (VB e€B(R))

goooo.
0 1.2.00 126(1) 000. 000000000O0O0O0O.

00 1.27. X 00000 (), A P)OOO0O0OO0OOO,FO X O cdf.
O0O0.0000 FOOOOOO.

(1) FODOODO: 2 <y = F(a) < F(y).
(2) lim, o F(z) = 1: lim,,_o F(x) = 0.
(3) FOOODOOO ! limy.s0F(y) = F().

Proof. XOOOO POODO. 0000 P(B):=Pr(X € B) (VB € B(R))
ooo.

(1) (~o0, z]) C (—00, ¥ 0OO0D0DO,00 1.7(4)0 POODOODOO.
(2) A, = (—o0,n] 0 A, = (—00, —n] O0O00,POODO 1.7(6)(7) OO
oooooo.

(3) A, =(-o0,z+ 1] 000,POD0O 17(7)00000000O. O

013. 0000 zeRDO0O00

ﬁ( w0+ 1)

n=1

noo.
0 1.4.00 127(1)—-(3) 00000000000,

00 1.28. X 00000 (Q, A P)O00000O0O0, X O cdf O
FOODO.OOOOOO (1)-(3)000000.

() FORODDOOOO.
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(2) F(z) = F(z—) (Vz € R). 00O, F(z—) :=sup{F(y); y < z} O
gg.
(3) Pr(X =z) =0(Vz € R).

1
Proof. (1) = (2)000: z,=2——(n=1,2,...)0000
n

lim F(x,) = F(z—)

n—oo

000.00000,FO000000,F(2)=F(z—)000000000.

(2) = (3)000:

{X <z, c{X <zp1}(n=1,2,...), G{ngn}:{X<x}

n=1

0D0000,00 1.7(6) 00

F(a—) = lim F(s,) = lim Pr(X < 1,) = Pr(Q{X <o)
— Pr(X < 2)
000.00000 1.7(4) 00
Pr(X — z) — Pr({X <2\ (X < x}) — Pr(X < z) — Pr(X < 1)
— F(z) - F(a—) (1.1)

0000000000.000,P(X=0)=0000.
3) = (1)00O0: (1.1) 00

Pr(X =2) = F(z) = F(z—)

OO00. 00b0b0 rFO00OO0OO0O0OO0OO0OFRFOOOOOO. ODOO
g3bbogoooboogoboog. O

O 1.5.00 12800000000. 0000 xeROOOO

O <o) Ofoen v a1 -wemxor <o

n=1 n=1

={X <z}

goo.
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00 1.29. FO ROOOOOODO,Pr(X =2)=0(WzeR) 000,
a<bO0000

Pr(a <X <b)=Prla< X <b)=Prla< X <b)=Pr(a< X <)

goo. O

00 1.30. X 00000 (Q, A P)O0000000O, 00 cdf O
FOOO.

(1) X 000000000 {z,,...} 000000000000, X
0000000O000.000000

p(z) :=Pr(X =x) =F(z) — F(z—) (x € {x1, g, ...})

0 XO00OD0OODOODOOO0OOO0®% p0O X 00000 (probability mass
function(p.m.f.)) OO O .

(2) Pr(X =2)=0(Vz e R) 000, X 0000000000, 000
gooooog pd

F@y:/xmnﬁ (Vz € R)

0000000000000, p0 XOOODOODOOO (probability density
function(p.d.f.))000. 00 FOOOOODOOOOOO00OOOO
gb,dbbobooadobbob

(@) = T (@) = pla)

goo.

00 1.31. 0000 XO00OOO POOO.
(1) X 000000,S={zeR;pz)>0}000. 000000 Borel
00 BCROOOO

PXeB) = Y pl)
x€EBNS
goddooodooooooooo.
(2) X 000000, 00 pdf pOD0D0O00OD. 0000, 00
O BorelOO BCcROOOO

mXem:/m@m

B

Sp(z) =0(z & {z1,20,...}) 00000,p0 ROOOOOODO,0<p(z)<10
oo.

'D00000,RO0000000000000O0O0O0O0O00000000000
0.
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gobboobbooooooobob. goobbobobbodooooon
goobo,booggon.

0 1.32. (1) Q={0, 1}, A=2% Pr({0}) =Pr({1}) =1/2 00
X: Q2w Xw)=weR

gooood

Pr(X = 0) = Pr(X = 1) :%

O00.0000,X0cdf. FO pmtf pOOO0OO

0 (x<0) )
= (x=0,1)
Fo)={ 1 (0<z<) p<x>{2
T e D) 0 (0DDODO0O0)
ooo.

(2) Q=[0,1], A=BR)Nn[0,1] 0O
Pr((a, b)) =b—a 0<a<b<1)

god. 0dd
X: Q32w Xw =weR

000000, X0 cedf FO pdf. pO0000O0

0 (x<0)
0<z<1)
Flz)=< =z (0<z<1) ; p(x):{
L @) 0 (0DO0O0OO0D)
goo.

1.3 00000

00 1.33.cdf. FOOOO, 00000 (quantile function) F~: (0, 1) —
RO

F (y) :==inf{z € R: F(z) >y}

D0000.00,ye(0,1)0000,F(y) 0F0 y0OODOOOO.
1/2000000000 (median) 000 .

00 1.34. cdf. FOODODOOsuppF OOOOOOOOOOO,F OF
gooboogg. O
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00 1.35. F- 00000,000 0<y<10000,00000
{z,}2, 00000

Flx,) >y OO lim z, = F_l(y)

n—oo

0000.0000, {z,), 0000000F0000000

F(F (y)) = F(lim z,) = lim F(z,) >y (1.2)

n—oo n—oo

oooooboboob. obo,FroDob0b0obimf0obogooo. o

OO0 1.36. cdf. FOOOODOO. cdf. OOO

lim F(z) =1 OO lim F(z)=0

n—oo Tr——00

O FODOODOO,OD0D00000D00DODLOOD0 O<y<1DOODOO,
OO0 xeROO0000

Flz) =y
0000.000,F 00000
Frly) <= (1.3)

000.00000,F(y) 000 F(2)>y 0000 2eRO inf 00
0.00,Fz)=y000ze{zeR:F(z)>y}000,2>F (y)0O
O00. (1.3)0 FOOOOOOoo

F(F(y) <F(x) =y (1.4)
000.00,F 00000
F(F-(y) > vy (1.5)
000, (14)0 (1.5 000000
F(F-(v) =y

OD0O0. 00000
FOOO = F(F(y)=y(Mo<y<1)
O00.000,FO0000O0
F(F-(v) =y

gooodgg. O
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0 1.37.a <bla,beR) OO0, X ~ Ula,b) 000, 000 X O
c.d.f. O

0 (x <a)
F(x) = QZ:Z (a <x<b)
1 (x > b)

oob0.o0o0g,FO0000000

Flyy=a+(b-ay (ye(0,1))

ooo. O
1
0 1.88. Pr(X =0)=Pr(X =1)= - 000. 0000, X 0 cdf O
0 (x<0)
1
F(x) = 5 <z <)
1 (z>1)
O00d. 000, rO000O0O0Qgo
1
F (y) = 1
1 = 1
5 <U<
1
000.0000,y#5000
F(F(y) # v
ooao. O

00 1.39. 00000000000 (i) ~ (i) 000,
() FFooooooo.

n)r : sy WYnfn= MMy —o00 Yn =
i) F-O00000oo. oooo <, 00o0o0ooooo l
y 00000

lim F~(y,) = F (y)

n—0o0

goodd.
(iii) F(y) <z <<= y<Flx)OODOOO.
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Proof. (i) y1 <ya2(y1,y2 € (0,1)) 0000
{:BGR: F(x)zyl}D{a:ER: F(m)zyg}
O00.000 inf000d
F(y) =inf{z €eR: F(z) >y} <inf{z e R: F(z) > 1} =F (y)

000.000,F 00000000000.
(ii) 2, :=F (1) (neN)OD0DO. 00 {y,}>2, 0000000, ()00
{z,}°2,00000000.000,y,<y00

T =F"(ya) < F (y) =t 20 (1.6)
000.000,(1.6) 0000000000

r:= lim x, < (1.7)

n—oo

obo0.000,z<z0000000000. 00000

1
e:zﬁ(xo—:c)>0<:>x:xo—26

O00.F 0000000000 (1.5) 000000
yngF(F’(yn)) < F(z,) <F(z+¢€)=F(xg—¢)
god. oo
yzglrgoynSF(mo—e)
ooo.ooo,Fooooo
Flxzg—¢€) <y

000.00000,F(y) =2 000,z 000 Fz)>y0000 =
Oinf000. zg>x0—e000,20—c¢€{2€eR: Fz)>y}000.
000, Flzy—¢) <y 0OO00D0000. 0000 y< Flwg—¢) OO
y>Flzo—e)00000,00.000

F (y) =20 =2 = lim x, = lim F~(y,)

n—oo n—oo

0000000,F 000000000.
(i) FFO00O0O000

y<F) = F(y) <F (Fz) <2
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ooo.ooooooad
F~(F(z)) =inf{z € R: F(2) > F(z)}

0D00.000,z€{2€R:Fz)>Fz)} 00000, 2> F (F(z))
oooo.
O0,F(y<2000,(1.50 FOOOOOOO

y <F(F (y)) = F(x)
0000. 000, @GH) 000000, O
0 1.40. FO edf 000. 0000,U ~ U0, 1) 0000
X:=F(U) ~F
ooo.
Proof. 0O 1.39(iii) 00 ,Ve e RODOD
{X <z} <= {U<F@)}

goo. 0o

oogd. O

1.4 00O 10000

1.4.1 0O0O0OO0OOOO

Bernoulli 0 O

0<¢<1000.0000 X000 60 Bernoulli DOOOOOO,
X O pmf p(-|0) O

) (x=0,1)

Mﬂ@ZM@:{O (00DDO0O)

O00000.00000 X ~Ber(®)ODODO.
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2000

neN,0<6<1000.0000 XOOO (n,0)0 200000
000, X 0 pmt p(-|n,0) 0

n

6(1 — )= r=0,1....n
p(al . 6) = p() — ()< ) ( )

0 (0ooooo)
gooooo.ooo

n n!
= ol =1.
(x) z!l(n—a)l

00000 X ~ Bino(n, §) 000

gooo

0<f<1000.0000 XO(XOOOeOOOOOoooooo,
X O pmt p(-|0) O
0(1 — ) ! (x=1,2,...)

MM@ZM@:{O (0ooooo)

O000000.00000 X ~ Geom() DOO.

Poisson 0 O

>0000.0000 X0O0O00O 00 PoissonOOOOOOO, X O
pm.f. p(-|0) O

_o0”

o(z0) = p(z) = ) (x=0,1,2,...)

0 (0ooooo)

O000000.00000 X ~ Poi(d) 000,

1.4.2 0OO0OOOOO
gaodd

pER O<o<ooOO0O0.0000 XOOO g, 00 020000
000000, X O pdf p(-|p, o) O

2\ _ 1 (v — p)?
plal i %) = pla) = e~} (o< <o)

000000.000exp(z)=e"000.00000 X ~ N(g, 02) O
00.pu=0,¢=10000000000000000.
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gooon

a>0,>0000.0000 X0O0O0O (o, /) 0000O0OOOO
O00,X 0 pdf. p(-|a, §) O
1

p(zla, B) =p(z) = gQF(Oé)

g tem2/B (x> 0)

(0oooon)
DO00000. 000

I'(a) = /0 Tl dn (0> 0)

000.A>0000.00000 X ~ Ga(a, 8) 000. Ga(1, 1/A) O
00 ADD0O0000O0,Exp(A\)000. peNODODO. Ga(p/2,2) O
D00 pOx*00000,x 000

1.5 200000

1.5.1 0O000O0O0o0booooo

oooo (Q, A P) 000000000 (X,Y)OOOOOO,00
pm.f. p 0O
Y=0 Y=1
1/9 2/9 |1/3
2/9 4/9 |2/3
1/3 2/3

el
I
_

goobD.oodn

goo.

00 1.41. 0000 (2, A, PO000O0OD X,YOOOOODOO. R?
0000000000 pO0D0DODOD (X,Y)D DOOOOOOO
(00 pdf) 00000, 0000000O0DDODOCODO.

(1) p(z, y) > 0(¥(z, y) € R?).
(2) 5 )2 p(z, y) dedy = 1.
(3) VAe BR?*) OOODO

Pr((X,Y) € A) = / /A p(z, y) dady.
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00 1.42. (X,Y) 000000000 (00 cdf) FO

Flz,y):=Pr(X <z,Y <vy) (1.8)
=Pr{w e i X(w) <2, Y(w) <y})  (V(z,y) €R?)

O0000. (X,Y)OOoOOoOOo PO
P(A)=Pr((X,Y) e A) (VA€ B(R?) (1.9)

00000.0000000 edf 0000000000000000
0,Fxyy000 Pxyy0ODO. 000000000, (1.8)0 FOOD
0 (R%, B(R?)) 000000 POOOOOOOOOONOOOOOO. O
000000000 CO000000000000O. O

0 143. 000000000000 (X,Y)O0OO0O p.df.

sty (0<e<1,0<y<1)
p(z, y) =
0 (0ooooo)

000000. 000000 {(z,y);plz,y) >0 000000

[ o [ [/ e | [ ]
SALAE:

1.5.2 0O0O0O0O0

00 1.44. (X,Y) 00000 (2, A P)O0OO0O0DOOOOOOOO
000. (1) (X,Y)0000000 pmf pO000000. X0000O
000 (00 pm.f)O

px(x) =P =Y Pr(X=y,Y=y)=> plx,y) (Vo€ Sx)

yESy yESy

gboood. oo

Sx:={xeR; 00 yeROOODO, p(z, y) >0}
Sy ={yeR, 00 xeROOODO, p(z, y) >0}

goo.
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(2)(X,Y)0DO0O0OO0,00 pdf p000000. 0000 X OO
0000000 (00 pdf)O

px(z) = /00 p(z, y)dy (Vz € R)

—00

O0000,YO0O0OO0000000 (00 pdf)0O

oy () = /Oo o(z, y)dz  (Vy € R)

goooDo.
00 1.45. 000000000 (X,Y)0OOOoOo

Pr(X <x)= //(s,t)eRZ;sgx p(s, t) dsdt = /; {/Z p(s, t) ds} dt
-/ OO px(s) ds

OOoooD,XDoO00 pdf. 0 X O pdtf OOOOODO. a

00 146. FOOOOOOO (X,Y)OOO cdf. O0,Fx 0 X OO
Ocdf. OOD.000D0zeRODOODO

Fx(x) = lim F(z, y); Fy(y) = lim F(x, y)

Y—00 T—00

goooo. O

0 1.6. 00 146 0000000.

1.5.3 U0O00ouooooooga

00 1.47. 0000 (Q, A, Pr)00 2000000 X0 Y OO00O0O
0000,VA, BeB([R)OOODO

Pr(X €AY e€B)=Pr(X € A)Pr(Y € B)

gboobobobob.boobodb Xoyuoooooooog.

00 1.48. p0000000 (X,Y)000O pdf OO0, px 0 py O X
0 YOoOoooooo pdf 000.0000

X0YQooO < p(x,y) =px(@)py(y) (Vz,y€eR).
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Proof. 00000, 00 pdf OO0 pdf. 00O0COOOOOOODO
00000.000000000(@0O0000000000000Y)00
ooO00,00000000. 0

00 1.49. (1) 00000000, 00 00000000%.d.f OO0
oboooob,dd 14roogbuoobuoobooboobon.
(2) 000000000000, pdf. O pmf. OO0ODOOOOODO. O

0O 1.50. 0000000 XD YOOOooooO pddt

) 2z 0<x<1)
ID(”@_{0 (Dooooo)

D00000. 000000 P(X4+Y<1)0000000. 0000
0 (X,Y)000 pdf O

dxy 0<zx<1,0<y<1)

p(X,Y)<xay):{0 (0oDOoOoo)

gobo.o0oboog

1 11—z
Pr(X+Y§1):// px,v) (T, y)dxdy:4/ x{/ ydy} dx
a4y<1 0 0

1 2
(1—2x) 1
=14 ~— dr = —.
/0 x 5 dx 5

O

00 1.51. 000000000 (X,Y)O000 pdf plz,y) 0000
00.000 {(z,y) €ER% p(z,y) >0} 000°000. 0000000
0000 ¢0 00000

p(z, y) = q(z)r(y)
000000, X0 YOoooooo.

Proof. OOOODOOOODOOODO. O

0 1.52. 000000000 (X,Y)O000O pd.f

2¢~(@ty) x>0,y>0
oz, 4) = ( )
0 (DooooDo)
000000000000 0.00000000000000000000000

Oooooooooo.
‘D000000ooO.
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000000. {(z,y) €eR%, p(z,y) >0} =[0,00)2 000

) 2 (22>0) e (z20)
“@_{0 (CoDOooo) dw_{o (DoDOOoo)
0ooo

p(z, y) = q(@)r(y)
00000, X0 YOOoOo. =

00 1.53. (1) 000000000 (X,Y) 000 pmf. plz,y) 00
0000. py(y) >000 yOOOO,Y=y0000O000 XO0OO
000000 (0000 pmf) O

PriX =2, Y =y) _plz,y)
Pr(Y =) Py (y)

pxv(z]y) =Pr(X =2|Y =y) =

ooooo.
(2) 000000000 (X,Y) 000 pdf plz,y) 00O0D0DOO.
py(y) >000 yO0OOO,Y=y0O000000 X0O0O0O0OOO
0000 (0000 pdf) O

p(z, y)
PY(?J)

PX|Y($|y) =

goooo.

00 1.54. (X,Y) 0000000000000, py(y) >000 yeR
0000

PmXemY:yy:/}Xﬂﬂwm (VA € B(R))
A
oodoooooono. O

0 1.55. 000000000 (X,Y)0O00O pd.f

sy (0<z<1,0<y<1)
p(z, y) =
0 (00O0O0OoO0)

OD00000. 0000 Pr(X <1/4Y =1/3) 0000000. OO
0<y<10O00OO

[e’9) 1 1
w@%=/ M%yw$=y+/zww=y+5
—00 0
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gooon

_Jy+s (0<y<1),
pY(y)_{o (Dooooo)

gbb.dbb 0<y<1U0 0<2<1 0000

p(z,y) x4y

Pxiv(Z|Yy) = =
v(=ly) py(y)  y+3
0000 0<y<1000,
Y (0<a<y)
pxivy(zly) = ¢ ¥ T3
0 (00D0D0O0D)

gob. 00 15400

1 1 1/4
Pr(XSZ‘Y:§)6:/ px|y([E
0

1 Va4 p 41 11
~)de = 3 dr = —.
3) o /0 +1% 780

1.6 J0O0O0OOO 1i.d.O00
X1, X5, ..., X, 00000 (Q, A P)O0O0O0OCOO
X = (X1, Xo, ..., Xp)

obO0d. XOoooboooooo.

00 1.56. X, Xo,..., X, 00000000, 0000 Borel OO
A, Ay A, €eBR)ODOODO

Pr(X; € Ay, Xo € Ay, ..., X, € A,) = [[ Pr(X; € 4)) (1.10)

j=1
oooooogoon.

X 000 pdf. Op(xy, 22, ...,2,) 000,00 X;(=1,2,...,n)
000 pdf O py, 00000000,

00 1.57.(1.10) 0000000
p(l’l, T2, ooy l‘n) = HpXj(xj) (VZL‘l, To, ..., Ty € R)

gooodgg. O
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00 1.58. Xy, Xp, ..., X, 0000,0 X;(j=1,2,...,n) 000
cdf. FOOOOO, X4, X,, ..., X, 0000000000 (ii.d. =iden-
tically and independently distributed) 0 O O

Xl, XQ, ey Xn ~iid.F

ooor X, X,,...,X, 0000000 FOOOOOOOOO nO
gboobooobon.

1.6.1 ODOOOOOOOOOO

gobboobbooooooooboboobbbouoooo. goo
gboboboog,bbuoooobbbuoogaoboo.

gooo

20b00000b0oboo0bOobDOob0bUObDd. dyneNDOO, p =

(p17p27"'7pd)7 pJ(O S pj S 177] = 17 27"'ad)7 Z;‘izlpj =100
0. X=(X,Xs,...,X,) 000 (d, p) 0000000000, X O
p.m.f. O

p(x|n, d, p)

0 (0ooooo)

goobobooogoobob. odd

|
d - =1
lro] 1’
1T, ..., Tq 1 X9+ Tqg-:

000.000 X ~ Multigln, p) 000

00 1.59. X ~ Multiz(n, p) DO00. 000, p= (p1, pas -, pa) O
X =(X,Xs,...,X,) 000. 0000 X;(j=1,2,...,d) 0000
0O Bino(n, p;) 0O0O.

Proof. xo 00 2, 000000 pmf OOOODOODOO. O

Opdf. pOO0
Xl, XQ, ey Xn ~ lldp

O000. ~00000,0000/0000 /pdf./pmf/NO,1) 000000000
gboooboooboooogo.
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gboobon
Z
23
Z = X > Zl; ZQ,...,Zd ~ N(O, 1)
Z4

p(2z) = p(z1, 22, ..., 24) = ﬁ &QXP{_%ZJ?} — (Qﬂl)dm exp{—%ZzJZ}

1 1
= e exp{—ﬁsz} (z € RY)

000 z=(z1,2,...,2) 000.000 Z ~ Ng(0,I,)000. O
00 I,0 d00000000. 0000000

/-~~/p(zl,z2, ooy 2a)dzydze - rdzg =1

gbobobooodgobooo.

0o
M1 011 012 *** O1d
H2 021 022 -°+ 02 O;i = O
p=|" |er, == Lo
. (l7 ] - 17 2) ) d)
Hd Od1 Od2 -°° 0dd

ob00. 000 ¥O0Oobooboobooob.boobbuog dxdbOD
OO0 AO000O00

(1)AD0O0000, (2) == A2

O000.000 *0000000,3Y200000000.0000
00
X =p+3x2z

O000000,X0000 Ng(p, ¥)000. 0000 XO0OO pdf. O

_ 1 1 Ty —1 d

(1.11)

O0o0000.000oooooobg p, 0ODO0O00O X0 d00
gooooog.

l00O000000000000. 0000000000000000000000
0000.000000000000, f((z1, 22,...,2¢) ") 00000000000.
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00 1.60. (1.11) 000000D0O00000000000. 000 Z=
(Z1, Zs, ..., Z)T 0d0000000000,0000 pdf O pz O
0000000. 0000 X:={zeR% pz(z)>0)}, 00

h(-) = (ha(-), ha(-), oy ha(-)T : X — h(X)
010100
X;i=hj(Zy, Zay ... Za) (j=1,2,...,d),X =(X1, Xo, ..., Xg)'
OD00. A0 10 1000,A00000
h~t=(hi' byt oo by R(X) — X

00000, Z=hYX)ODOO. X000 pdf O00DOO0DOO,
h~'(x) O Jacobian Jp-1(x) O

on M) or 1)
Ox1 U Oxg
thl (iL’) = Det, e
h; () o ()
8(21 e aCEd

000, J,(z)#0(zxeX)000200. 0000
px () = |In-1(z)|pz(h 7 (z)) (1.12)

D0D00000D0D000 Cc8400000.
h(z)=p+3"?2 <= h () =Z"Y3(x—p) 00O

1

1(x) = De V2 o
T () = Det (2) 0]

0 (1.12) 000000, (1.11) 0000. 0000000

// /px Ydridxs - drg =1

gboboobobbobog. O

00 1.61. X = (X1, Xo, ..., Xg)' ~ Ng(p, X)000. 000 p e
RIO,X0dxd000000000.000000000O0.

(1) X;0=1,2,...,d) ~ N(u,055). 000 p; O p0OO 500,
s; 0 00 ;0000000.

200,aex000.
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2) X,=z,({=1,2,...,d) 0000000 X;(j#¢) 000000
00

0w Oi¢0ypi
X]| Xg = Ty ~ N(,LL] + _(M — Mﬁ)a Ujj — ]—J>
0jj O

(3) 000000 ceRi(c#0) 0000
c¢'X ~ N(c'pu, ¢"Se).
(4) Vi= (X —p)' 27X —p) ~ X5

Proof. (1)j=100000.%0 (i,5)(G,j=1,2,...,d 000 oy
000,d-1)x(d-1)003%0d-1)x10000e, 00000

X = (Uij)i7j:2737_”,da 0‘1(0217 031y « -+, Udl)T

gooo. oo

goo.oogn

> 1 ‘ 0y, 911 ‘ 0, 1 ‘ ool
- 1 1 T
011 01 ‘ I; 041 ‘ 39 —0, 010 041 ‘ I,

0000.000 I,.,0 (d-1)0000000,0,,0 (d—1)x10
00000000. 0000000, %, —olee; 0000000

HEN
51 _ 1 ‘ —o o] o ‘ 0 .
Od,1 ‘ Idfl Od—l ‘ {22 - Uﬁldldf—}_

.
X }1 0 O (1.13)

000. p= (o, 1ta)" O & = (21,22, ..., 2" 00000
DD,IJ:lZ(MQ,/J/37...,Md)TD mlz(l'Q,ZL‘g,...,[Ed)TDDD. (113)
0

1

tr(z—p) Sz —p) = 0_11@1 — )’

T —1
‘/E —_—
+ tr Kml -y — 10 'ulm) {22 — 01110'101T}
11

(1.14)
X <ﬂ31 - M1 — 1:10_ MlU’l)}
11

1

— U_H(ggl — 111)? 4 ga—1(x1) (1.15)
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Oo00.00ooon
1

/ exp [——tr (x—p)' T (@ — H)] drydrs X dxg
Rd-1 2

_ 2 1
= exp {—M] / exp [——gd_l} dre drs X dzg
]Rd—l 2

2011
_ 2 1/2
= exp [—M] Det (27r (22 — anlo'laf))
2011
gogd. oo
1 (21 — )
¥)dxodrs, - -dxg =
/}Rd_1 PX($|N7 ) T2 A3, Ty Smon, exp{ 2011
good.
(2) (1.15) 00000.
3)'X00DODDDODDO0O0O0OD0.
(4) (3) 0O
STVHX — ) ~ Ng(0g, 1)
O00.000 y*0000o0ooooao. O

(1.12) J0000DO0oO0oOoO0
0 1.62. 000000000 (X3, Xp) OO0 pdf.

1 (0<2,<1,0< 2, <1,
p(l‘1, xQ) =
0 (0DOOOoO0)

gooogg.

y1 = hi(z1, x2) = 21 + X2, Yo = ho(21, T2) = T2

> 11 =hi' (1, y2), T2 = hz_l(yb Y2)

00 ) Y = (hl(Xl, XQ), hQ(Xl, X2))T, Yy = (yl, y2)T ooo0o.0o0oOod

oY) oh (YY) 1 _1
_ 1o} o _ _
Jp-1(y) = Det ah;yiy) ah;?%y) = Det 0 1 =1

Oy Oy2
0o
)1 0<y1—y<1,0<y, <1,
pﬁw—{o Dooooo)

(
(
)l (eSn <14y 0y <),
(DoDOooo)
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goo.

/ / Py (y) dyrdys = 1

gbobobooogbobobod. O

1.7 Uo0Uooouogod

00000,0000000000000000000,%?00, FO
g,tgopbobbob,bbboddooooobobobob. bdooooon
0000000000000 0O0OO00OO0(0O000O0O0O0O0)ooooon
goooogag.

gb,u0ggobbbddd. «>00000000000

gobb0.o>1000,0000000

MNa) = / v e dy = —g* e
0

+ (a — 1)/ e " dw
0 0
=T(a—-1).
I(1)= [“e*dr=1000,000000

['(n)=(n—1)! n=1,2,...)

goo.

1.71 0O0OOOO

00 1.63. (00000) o, 4>0000. 0000000 XOOO
(o, 3 00000000000, X0 pdf O

504 a—1,—Bz
ol )= 4 T ¢ @0
0 (D0oooo)

O00000000000.000 X ~ Gale, ) 00O0O.

00 1.64. n>20000000. X1, Xe,..., X, 00000000,
0 X, ~Ga(e, 5)(j=1,2,...,n,0;>0,>000000

X1+X2++Xn ~ Ga(a1+a2+"'+ana 6)
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Proof. OOO0OODOODOODODOO. O

00 1.65. 0000000 X, X, 00000,00000 pdf O
f(z),gx) 000. 0000 X, + X, 0 p.df O

o) = [ e - y)ely) dy

o0

gbooogg.

Proof. X1, X, 000 pdf O f(z)gly) DO0DODODOOOOO. teR
gooo

P Xa<o) = [ [t drdy

- [“ew{ [ "t} ay

z/mdw{/ﬁﬂz—wd%dy (2|2l =2-y[., DOD)

o0 —00

-/ {[ - newanf o

gobobooogoboood

o0

d
pxin(t) = P+ <0) = [ =gt dy

goo. O

0o ]_.64|:||:||:|.X1NGB(Oél,B),XQNGa(OéQ,ﬁ)DD,le XQD
00000. Ga(e, 8) O p.df. Op(-|le, ) 000. 00 1.65 00

pX1+X2<I> = / p($ - y| ar, 5)p(y| Qg ﬁ) dy

—00

_ ﬁa1+a2 67,890 /z(x B y)alflyag—l dy
I'(an)l(a2) 0

(z—y>000y>000 0<y<zD00O0.)
/6041 +a2

1
= —xa1+a2_16_’3x/ 1 — z)atzel gy =xz0OOO
T{an)T () | 1=2) (v )
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O00.000 px+x, 0 pdf. OOOOODODOOODOO

1= / pX1+X2(x) dr
0

1 1 0o
— 1— 2 alflzazfl dZ) a1 tas / $a1+a271675x dr
e (02 (A

1 1 .
= m (/0 (]- — Z)a1—1zaz—1 dZ) A wa1+a2_16_w du
(w=pz000)

F 1
:Ifﬁa%a/u_@mqfrwz (00000000O00)
aq Qz) Jo
0o 1
I'(ay)T
/ (1—z)tzel gy = —(al) (az)
0 F(Oq + CY2)
000,000

X1+ Xy ~ Ga(ag + ag, )
Jdodo. dogoogoogogogogog.

1.7.2 00O
00 1.66. Zy, Zs, ..., Z, ~ iid.N(0, 1) OO O.
S=Zt+7Z3+--+ 2}

0000000 n0 (200000,8 ~x2000
Z ~N0,1)000Y =220 pdf. O

1
_y(1/2)_16_y/2 (y > 0)

py(y) = V21
0 (Dooooo)

(1.16)

000.0000 1.100000.00,Ga(1/2,1/2) 0 p.d.f.0

1
(1/2)-1,-y/2 <0
(]2 1) =3 T v
27 2 2
0 (0ooooo)

OO000. 0000000 pdf. O00,0D000001000.000
goo

ﬁF(%)z@@F(%):ﬁ
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gobo.ooodn 16400

x(n/Z)—le—x/Z (LC > 0)

0 (0ooooo)
000.00002100 X ~x2000

E[X]=n, EX]=2n

oboooob.
1.73 FUOU
00 1.67. k,meNOOD. XOYOOOOX ~ 20V ~ 2 O
gd. oood
X/k
F= /0
Y/m

0000000 (k,m)0 FOOOOO.F ~Fk m) 000,

00 1.68. k,meNOOO. F ~ F(k,m)000,FO p.d.f. p(z|k, m)
O

k+m
T ) kR2pmi2pk/2)-1 : )
x>0
_ k+m)/2
(el km) = R\ _(m (m + ka)m)
2 2
0 (Dooooo).
gooooo.
Proof. OODODOOOOOODODODOO. O

00 1.69. X,Y 0000000000000, 00000 pdf.Of(z)
0 gz)000. 0000

Z=2=
Y
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O pdf. O

/0 Tfeyewydy (2> 0)
0 (000D0O0D)

h(z) =

gooogg.

Proof. 0000 (X,Y)O0O0OO pdf Of(x)gly) DOO. OOO¢t>0
EREREEN

Pr(Z <t) = /000 {/Otyf(m)g(y) dac} dy
:A“{/Otf(zy)g@)ydz} dy (r==y000)

-[ [ et az

gboobogooobooooboo

(o) =GPz <0) = [ fegyds

O

00 168000 000 1.690000. w>0000,W =X/Y O
p.d.f. O

ow (w) = / fwy)e(y)y dy

(1)k/2 (1)"%/2 o0
G G / (wy) 1271 =2 /D=1 /2 g
0

(k/2)—1 /OO (ktm)/2-1 ,—(wH+1)y/2 g
—Ww Y e Y
(%) 0

o) (k+m)/2—-1
w(k/2)-1 / 2T ey
) o \w+1 w+1

|~

Y Ll RN | T2

| —

r()rs 0
k+m
= Fk(JrT?n w(k/2)—1(1 + w)—(k‘—i—m)/Q

r)rz

000
k k
(] k, m) = pw (a) u

ooooo.
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1.74 ¢t00

00 1.70. Zy, Zy, Za, ..., Zyn ~ iid.N(0, 1) OO O
Zy
JEZ+ -+ 22)

obob 0 ¢0booooO,000T ~¢t, 000.

T —

00 1.71. T O p.df O

L) (142 ~(n+1)/2
pr(zfn) = T (3)T(5) "
0 (Doooono)
oooodoo
Proof. 0000

T? ~ F(1, n)
000000000000.7T000000000
pr(z|n) = pr(—z[n)  (z=0)
000.000 z>00000
2Pr(0<T <z)=Pr(—2 <T <z)=Pr(T” <2%).
00000 F(1,n) 0 pdf O py,, 0000

2

2/ pT(t\n)dt:/ p1., () dt.
0 0

r=¢2000000

2

/ pl,n(t)dt—/ p1,n(t?)2t dt. (1.17)
0 0
obod.ogobg 1.6900

n+1
F( 5 ) nn/2-1/2

Pn(7) = F(E)F<E) (n + z)n+D/2

0000000000. 0000 (1.1 Oooooooooo

n—+1
) r 5 ] 22\ ~(n1)/2
by N7 - (1+Z
pr(z|n) = p1 .(2°)x 1 - \/ﬁ( + n)
I'{=)T( =
2 2
god. O
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1.8 OD0O00OO0O0OO0O0O0O0
1.9 0O0O0O0
0000 1.1. Z ~ N(0,1)000. Z0 pdf O

1
6—22/2

(—o0 < 2z < o0)

0O0000,000000000.
() 000y>00000,P(Z2<y)0p0000000O0O.

(2) Y:=2200,Y0pdf. Opy 000.0000,y>00000

oy () = -Pr(Y < y)

dy
0000000000, Y 0 pdf O (116) 000000000
oo.

0000 1.2. X00000 (2, A PnO0O0O0OOOODOOOO, XO
p.d.f. O

Mm:{zx 0<z<1)

0 (00o0oo0)

oboo.gboo,g0bgooobog Yyd

)
)

X
X

N N[ —=

Y = ]1(1/2700)<X) = { (1) E z

O000.0000,00000000.

() 0000 X0 cedf 0000.00,X0cdf.0FOO000O00
oo.

(2) 0000 YO pmf 0000. 00, X0 pmtf. O py 0000
oooo.

(@DDP(O<X§%)P«Y:®DDDD.

M)DDP(O<X§%J%4ODDDD.
(5) 0000 XO YyOOOOoooOoooooo

39



202300 000000000000000000 (20230 100 40)

good 1.3. 00 2000000000000, 000000000
XOYyQOooo.oooooooo (2, A PrpO0O0ODO0O0OOOODOO
obobooOo.oboobooboo zo wao

Z(w) =min{X(w), Y(w)}, W(w)=max{X(w), Y(w)} (VweQ)

0O000.0000,000000000.

()0O00O000 (Z W)D0O0 pmf. prw 0000,
()00 P(Z=W)D0OD0ODOOOOO PH(Z=2/W<5 0000.
(3) 0000 ZOOO pmt. p, 0000,

(4) 0000 WOOO pmf py 0000,

(50000 zO0OWwWODOOOOOOOOOODOOOOO.
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